Class Definition Base(s)

BF all Boolean functions {and, not}
Ro {f € BF | f is O-reproducing } {and, zor}
Ry {f €BF| f is l-reproducing } {or,z@y®1}
Ry RiNRo {or,cAN(y®z®1)}
M {f € BF | f is monotonic } {and, or,cg,c; }
M; MNR, {and, or,c;}
My MNRg {and, or, cp}
M,y MNRs {and, or}
o {f € BF| f is O-separating of degree n } {imp, dual(hy)}
So {f € BF | f is O-separating } {imp}
i {f € BF | f is 1-separating of degree n } {z N7, hyp}
S1 {f €BF| fis l-separating } {z AT}
b S§ N Ra {zV (y AZ),dual(hy)}
So2 SoNRs {l‘ \Y (y A\ E)}
Sty Sy N M {dual(h,), c;}
So1 SoNM {zV(yNz)c}
00 Sg NRe N M {zV (y A z),dual(hy)}
Soo Songﬂl\/I {x\/(y/\z)}
12 ST MRy {z A (yVZ) hn}
S12 S1NRy {x/\(y\/E)}
71L1 S? nM {hn; CO}
Sll S1mM {a:/\(y\/z),CO}
i StNRe NM {x AN(yVz),h,}
S10 SiNReNM {x/\(y\/z)}
D {f] [ isself-dual } {zy V 2z V yZ}
D, DNRy {zy VvV 2z Vyz}
D, DNM {zyVyzVezz}
L {f] f is linear} {zor,c;}
Lo LNRg {zor}
L LNRy {eq}
Lo LNR; {rdyd =z}
Ls LND {z@0y®2®c;}
A% {f| f is an n-ary or-function or a constant function} {or,cp,c1}
Vo [{or}] U [{co}] {or,co}
i {or}]U{cs}] {or, ci}
Vs {or} {or}
E {f] f is an n-ary and-function or a constant function} {and, cp, c;}
Eo {and}] U [{co} {and, ¢y}
E, {and}] U [{cs} {and, c;}
Eo {and}] {and}
N {not} U {co U [{e1}] {not, c; }, {not, ¢y}
N, {not} {not}
I {id}]U[{cs}] U [{co}] {id, co, c1}
Io {Zd} ] {C()} {Zd, CO}
I {id}] U[{cs} {id,c;}
I {id} {id}
Figure 1: List of all Boolean clones with bases (h, = \/:AL:JFI1 Xy Ti1Tig1 - Tpe1 and

dual(f)(a1,...,an) = = f(ag,...,an)).
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Figure 3: Graph of all Boolean clones that contain all constant functions
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Cl. Or. Remark Base(s) of corresponding co-clone
BE 0 {=}, {0}
Rp 1 dual of R4 {z}
R1 1 {JZ}
Ro 1 Ro NRy {SC,T} ,{:vy}
M 2 {z — y}
M; 2 MNR; {z = y,z} {zA(y—2)}
My 2 MNRg {quvf} 7{f/\(y_)z)}
My, 2 MNR, {z = y,2,7} {r—y,7=7}, {27A (u—v)}
S707L m {ORTU}
ST" m  dual of S’ {NAND™}
So o0 ﬂngsgﬁb {ORm | m Z 2}
S1 oo dualof Sy {NAND™ | m > 2}
05 M So NRo {OR™,z, T}
Sp2 00 So NRe {ORm | m > 2} U {$,f}
0] m So' "M {OR",z — y}
So1 o0 SoNM {ORm | m > 2} @] {:L' — y}
0o m Sg "ReNM  {OR"™,2,Z,2 — y}
Sso o0  SoNRynNM  {OR"™|m >2}U{z,Z,x — y}

15 m dual of S {NAND"™, z,7}
S12 dual of Sg2  {NAND™ | m > 2} U {z, T}

00
1 m dual of S{j {NAND™, z — y}
oo dual of Sy {NAND™ | m > 2} U{z — y}

o m dual of S5y {NAND™, 2,%Z,z — y}

Sio oo dualof Sq9  {NAND™ |m >2}U{z,T,z — y}

LNMNRy {EVEN' 2z — 4,7} ,{DUP’ 2 — y}

LNMNR; {EVEN"z —y,z} {zV(zD2)}

D 2 {z Dy}
Dy 2 DNRy {I@y,:ﬂ}, every R e {{(al,ag,ag),(bl,bg,bg)} |
Je € {1,2} such that ¥3_,a; = ¥2_ b, = ¢}
Dy 2 DNM {z @y, v — y} {2y VTYyz}
L 4 {EVEN"}
Lo 3 LNRy {EVEN",7} {EVEN®}
L; 3 LNRy {EVEN? z} ,{ODD?}
Ly 3 LNR; {EVEN" 2,7} , every {EVEN", (1)} where n > 3 is odd
Ly 4 LND {EVEN" z @ y} ,{ODD?}
vV 3 {zrVvyVZz}
Vo 3 VNRy {xVyVZz7T}
VvV, 3 VNR, {xVyVzua}
Vs 3 VNRg {zVyVzaT}
E 3 dual of V {ZVyVz}
E; 3 dual of Vy {ZVYVz,a}
Eo 3 dual of V; {ZVYV 2,7}
Es 3 dual of Vg {ZTVYV z,2,T}
N 3 {DUP?}
N, 3 NNL; {DUP? EVEN" z @ y}, {NAE®}
I 3 LNM {EVEN" z — y}
3
3
3

LNMNRy, {EVENY 2z —y,2,7}, {ltext—IN-3} {z — (y @ 2)}

Figure 5: Bases for all Boolean co-clones



